INTRODUCTION
G. Vorono'i, the 125th anniversary of whose birth was celebrated in 1993, would surely be surprised by the rapid growth that the subject of Vorono'f tilings, or Vorono'i diagrams, has undergone in recent years. This is due not only to the increasing number of applications that mathematicians, scientists and scholars in many fields have found for them, but also because they are computationally tractable, and haye many interesting combinatorial properties. Perhaps Vorono'i would also be surprised to know that mathematicians continue to study and learn from his great work, 'Nouvelles applications des param~tres continus a la th6orie des formes quadratiques' [5] , published in two parts (the second posthumously) in 1908 and 1909. In this memoir, Vorono'i studied in great detail the subtle bijection between n-ary ciuadratic forms and their associated tilings of n-dimensional euclidean space ~n. Vorono'i conjectured that the tiles of these filings--which, following Delone, we call Vorono'f cells--are representative of all tiles that fill space by translations; he proved this conjecture for the generic class of 'primitive' tilings (defined below). The present note is a postscript to this famous result.
Recall that, if S c ~gn is any discrete set of points, the Vorono'~ cell D(s) of s E S is the set of points of ~" that are at least as close to s as to any other point of S. (In this note, to say that S is discrete means that there is a minimum distance between its points.) The interiors of the Vorono'i cells of distinct points have empty intersection, and the union of all of them is the whole of ~n. A Vorono'i tiling is, by definition, face-to-face.
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In fact, we need not explicitly assume that the tiling is face-to-face, since Venkov showed that every parallelotope admits a face-to-face tiling [4] .
Vorono'l"S conjecture that every parallelotope in ~ is the affine image of a Vorono'i cell was proved for n ~< 4 by Delone [1] ; for n > 4 the question remains open.
Later, Zhitomirskii [6] generalized Theorem 1; we postpone a discussion of his work until Section 4. In this brief note we extend the theorems of Vorono'i and Zhitomirskii, both of which assert existence, by proving that the affinity is unique.
AFFINE SYMMETRY OF VORONOI" CELLS
We begin with point sets S that are more general than lattices: we will only require that S be discrete. As above, we define the Vorono'i cell Ds(o) ( 
Since (4) (c) When some of the eigenvalues occur with multiplicity greater than 1, the situation is a combination of cases (a) and (b). ArA decomposes ~ into orthogonal eigenspaces, each containing the face vectors belonging to the corresponding eigenvalue. O~1 each of these subspaces, A acts as an isometry possibly followed by a dilation or contraction, and the subspaces are permutated by A.
In other words, we have the following: 
THEOREM 2. If Fo is completely reducible, then A is a monomial matrix. If Fo is irreducible, then A is orthogonal. If Fo is reducible, but not completely reducible, then A permutes (perhaps together with dilations and contractions) the eigenspaces of

A~FINE EQUIVALENCE FOR VORONOI" CELLS OF LATTICES
We first recall a few basic facts about lattices and their Vorono'/cells (see, e.g., [2] and [5] ). We will denote the origin of a lattice by o. (i) Every point, and the midpoint between any pair of points, of a lattice is a symmetry center for the lattice, and every symmetry center belongs to one of these two classes. D(o) is centrosymmetric and so are its (n -1)-dimensional faces. This means that these faces lie in belts, closed loops of faces with parallel (n -2)-dimensional faces. PROOF. Consider any f E Fo, and let F ± be the set of face vectors orthogonal to f (of course, F l may be empty). Since flies in belts of six faces, F ± does not contain any of the vectors of these belts, and except for +f, none of the vectors in the belts is orthogonal to F ±. These vectors span e", so F ± --~b. 
